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Abstract. Compton scattering is the nonresonant inelastic scattering of an x-
ray photon by an electron and has been used to probe the electron momentum
distribution in gas-phase and condensed-matter samples. In the low x-ray intensity
regime, Compton scattering from atoms dominantly comes from bound electrons in
neutral atoms, neglecting contributions from bound electrons in ions and free (ionized)
electrons. In contrast, in the high x-ray intensity regime, the sample experiences
severe ionization via x-ray multiphoton multiple ionization dynamics. Thus, it becomes
necessary to take into account all the contributions to the Compton scattering signal
when atoms are exposed to high-intensity x-ray pulses provided by x-ray free-electron
lasers (XFELs). In this paper, we investigate the Compton spectra of atoms at high x-
ray intensity, using an extension of the integrated x-ray atomic physics toolkit, xatom.
As the x-ray fluence increases, there is a significant contribution from ionized electrons
to the Compton spectra, which gives rise to strong deviations from the Compton
spectra of neutral atoms. The present study provides not only understanding of the
fundamental XFEL–matter interaction but also crucial information for single-particle
imaging experiments, where Compton scattering is no longer negligible.
Keywords: Compton scattering, Compton spectra, inelastic x-ray scattering, XFEL,
free-electron laser, x-ray multiphoton ionization, electronic radiation damage
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1. Introduction
Compton scattering is the nonresonant inelastic scattering of an x-ray photon by an
electron [1, 2]. It has been used to probe the electron momentum distribution of various
samples, which is one of the fundamental quantities of interest and has a broad range of
applications [3]. With the help of x-ray synchrotron light sources, it has become feasible
to accurately measure Compton scattering for atoms and molecules (for recent examples,
see [4, 5, 6]). With recent advances in synchrotron radiation facilities, the high-resolution
x-ray Compton scattering technique allows us to make cutting-edge studies including
visualization of bonding in liquids [7] and imaging the hole state of dopants in complex
materials [8].
X-ray free-electron lasers (XFELs) [9, 10, 11] open up new opportunities even
beyond what synchrotron light sources can offer. The brightness of XFELs is many
orders of magnitude higher than that of synchrotron sources [12]. Unprecedentedly
ultraintense x-ray pulses enable us to study nonlinear x-ray physics [13, 14, 15, 16],
including nonlinear two-photon x-ray Compton scattering [17, 18]. The features of
ultraintense and ultrashort XFEL pulses are useful to create warm dense matter [19], and
the inelastic x-ray scattering technique has been developed to measure characteristics
(density and temperature) of high energy density plasma [20, 21, 22, 23]. One of the
most prominent applications of XFELs is x-ray imaging of biological macromolecules
at atomic resolution [24, 25, 26]. The intense XFEL pulses provide enough signal to
reconstruct molecular structures from nano-sized crystals and even from non-crystalline
single particles [27, 28, 29, 30]. In crystallography, elastic x-ray scattering signals
from crystals coherently interfere, thus yielding Bragg peaks, while Compton scattering
gives rise to a background signal. In single-particle imaging experiments, however,
Compton scattering signals are not distinguishable from the elastic x-ray scattering
signals, unless the photon detector can resolve Compton energy shifts. The importance
of the Compton background has been pointed out in the x-ray molecular imaging
community [31, 32, 33, 34, 35].
To advance XFEL-driven science, it is critical to understand fundamental
interactions between atoms and intense x-ray pulses. The XFEL–atom interaction
is described by x-ray multiphoton ionization dynamics [36], where the atomic system
absorbs many x-ray photons sequentially and ejects many electrons. To investigate
this multiphoton multiple ionization dynamics of atoms, the xatom toolkit has
been developed [37]. xatom calculates electronic structure based on the Hartree-
Fock-Slater method for any given element and any given electronic configuration.
Further, it calculates cross sections and rates of many x-ray-induced processes
including photoionization, fluorescence, and Auger (Coster-Kronig) decay for every
single configuration that may be formed during and after intense x-ray pulses. These
calculated rates and cross sections serve as input data to a set of coupled rate equations
that must be solved to simulate ionization dynamics. After solving the rate equations,
xatom generates ion spectra, electron spectra, and photon spectra [38], which may be
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directly compared with experiments. Since for heavy atoms typically a huge set of rate
equations are involved [39, 40], xatom utilizes a Monte Carlo scheme [38].
xatom has been a key development for XFEL-driven science. Firstly, xatom has
served as an essential toolkit for various XFEL experiments on gas-phase atoms [14, 39,
40, 41, 42] conducted at LCLS [43] and at SACLA [44]. It has provided capabilities to
interpret experimental data, to examine nonlinear two-photon x-ray ionization [14, 45],
and to propose a novel x-ray ionization mechanism involving resonant excitations and
accompanying decays [39, 41]. The noble gas results obtained by xatom have been
used to calibrate x-ray beam profiles [39, 40, 46, 47]. Secondly, xatom provides
valuable information on the dynamical behavior of individual atoms within molecules
using an independent atomic model. The x-ray multiphoton ionization model has
been applied to study the impact of frustrated absorption on elastic x-ray scattering
dynamics [48]. The dynamical information of multiple ionization has been employed
to interpret an x-ray-induced fragmentation experiment on small molecules at low x-
ray intensity [49]. The time-dependent atomic form factors obtained from xatom
have been used to construct diffraction patterns of nanocrystals exposed to intense
x-ray pulses [50]. Based on knowledge of the dynamical behavior of heavy atoms, a
high-intensity version of the multiwavelength anomalous diffraction method has been
proposed [51, 52] to address the phase problem in femtosecond nanocrystallography with
XFELs. Furthermore various high-intensity phasing methods utilizing the selective and
extensive ionization of heavy atoms have been developed [53, 54, 55]. Thirdly, xatom
has been combined with other tools for modeling XFEL-induced dynamics of matter:
xmolecule [56] for molecules and xmdyn [57, 58] for complex systems. The atomic
electronic structure and atomic data calculated by xatom have served as inputs to
xmdyn to simulate complex systems such as C60 [46] and Ar and Xe clusters [47]
interacting with intense XFEL pulses. They have also been used for xmolecule
to calculate molecular electronic structure [59] and molecular data [60] to investigate
molecular x-ray multiphoton ionization dynamics [60] and ultrafast explosion dynamics
of small polyatomic molecules induced by intense XFEL pulses [61]. Lastly, xatom has
been extended to treat atoms and ions immersed in a plasma environment to investigate
ionization potential lowering in warm dense matter [62, 63], which has further been
employed for studying x-ray resonant magnetic scattering in materials [64]. Also note
that the atomic electronic continuum states that are accurately calculated by xatom
have been used for modeling high harmonic generation of rare gas atoms [65]. Inclusion
of resonant photoexcitation and of relativistic effects for heavy atoms is in progress [66].
To investigate x-ray scattering dynamics at high x-ray intensity including severe
ionization of individual atoms, xatom calculates elastic x-ray scattering cross sections
(atomic form factors) [48] and inelastic (Compton) x-ray scattering cross sections [33]
of atoms. For the latter, the cross section is given as a doubly differential expression
per angle and per energy of the scattered photon. This cross section as a function of
the scattered photon energy (at a given angle of the scattered photon momentum)
represents the Compton spectra. To the best of our knowledge, Compton spectra
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induced by intense x-ray pulses have not been studied so far. Challenges are a) to
take into account electrons produced through massive ionization of a single atom and
b) to include all possible bound-electron configurations generated from multiphoton
multiple ionization dynamics. Since the Compton scattering cross section calculation for
each configuration involves enormously many recurring evaluations of spherical Bessel
functions, an efficient numerical procedure is required to make the Compton spectra
calculation feasible. In this paper, we present Compton spectra of atoms exposed to
intense x-ray pulses, calculated by using xatom equipped with a suitable numerical
procedure.
The paper is organized as follows. Section 2.1 describes how to calculate Compton
spectra including ionization dynamics. In Secs. 2.2 and 2.3, we provide expressions
for the doubly differential Compton scattering cross section for bound electrons and
for free electrons. In Sec. 2.4, we present an efficient way to calculate the spherical
Bessel functions needed for Compton spectra calculations. Section 3 shows the Compton
spectra of Ar and Xe, and we conclude with a summary in Sec. 4.
2. Methodology
2.1. Ionization dynamics and Compton spectra at high x-ray intensity
To simulate ionization dynamics, we employ the rate-equation approach [13, 48, 67, 68].
This approach has been successfully applied to describing x-ray multiphoton ionization
dynamics of atoms and molecules. The transitions between electronic configurations
{I} are described by coupled rate equations,
d
dt
PI(t) =
all config.∑
I′ 6=I
[ΓI′→IPI′(t)− ΓI→I′PI(t)] , (1)
where PI(t) is the time-dependent population of a given bound-electron configuration I
and ΓI→I′ is the transition rate from I to I ′. All x-ray-induced transition rates and cross
sections are calculated by xatom [37]. To construct a set of rate equations, we include
photoionization processes and accompanying relaxation processes such as fluorescence
and Auger (Coster-Kronig) decay. In the regime considered here, the Compton
scattering cross section is one order of magnitude smaller than the photoionization
cross section [69]. Therefore, ionization via Compton scattering is not included in the
set of rate equations.
When an electron is ionized by photoabsorption or Auger (Coster-Kronig) decay,
its kinetic energy is assigned to an energy bin E. The time-dependent population of the
energy bin, PE(t), is given by
PE(t) =
∫ t
−∞
dt′
E∑
I,I′
ΓI′→IPI′(t′), (2)
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where the double sum chooses only pairs of I and I ′ where the I ′ → I process ejects
an electron with a kinetic energy in the energy bin considered. When t → ∞, PE(t)
represents an electron spectrum, assuming that ejected electrons do not interact with
each other.
The Compton scattering signal IC is the pulse-weighted integral of the time-
dependent Compton scattering cross section from bound and free electrons,
IC(ΩF , ωF ) =
∫ ∞
−∞
dtFg(t)
[
d2σbound
dΩFdωF
(t) +
d2σfree
dΩFdωF
(t)
]
, (3)
where ΩF is the solid angle of the scattered photon momentum with respect to the
incident photon momentum and ωF is the scattered photon energy. F is the x-ray
fluence and g(t) is the normalized pulse envelope. Then the flux is given by Fg(t). It
is assumed that both bound and free electrons experience the same local fluence within
a micron-size x-ray beam, because a free electron, for instance, with a kinetic energy of
2 keV can travel only ∼30 nm per fs. The spatial distribution of the x-ray beam can be
treated via integration over the interaction volume [13, 39]. The time-dependent doubly
differential scattering cross section from bound electrons is given by taking into account
all electronic configurations at the given time t [33],
d2σbound
dΩFdωF
(t) =
all config.∑
I
PI(t)
d2σbound,I
dΩFdωF
, (4)
where PI(t) is obtained from solving Eq. (1), and σbound,I is the Compton scattering cross
section for the given configuration I. As discussed later, the doubly differential Compton
scattering cross section calculations for all electronic configurations are formidably
expensive. Therefore, the time-dependent cross section is approximated using the charge
states {q} (rather than the full configuration information {I}),
d2σbound
dΩFdωF
(t) ≈
all charges∑
q
Pq(t)
d2σbound,q
dΩFdωF
, (5)
where Pq(t) =
∑charge(I)=q
I PI(t) and σbound,q is the Compton scattering cross section for
the ground-state configuration for the given charge q. A similar approach was applied to
elastic x-ray scattering [55]. The summation over all the charge states is much simpler
than that over all the configurations. The doubly differential scattering cross section
σbound will be given in Sec. 2.2 [Eq. (9)]. A numerical comparison between Eq. (4) and
Eq. (5) will be provided in Sec. 3.1. The time-dependent differential scattering cross
section from free electrons is given by
d2σfree
dΩFdωF
(t) =
∑
E
PE(t)
d2σfree,E
dΩFdωF
, (6)
where PE(t) is given by Eq. (2). σfree,E will be derived in Sec. 2.3 [Eq. (19)].
Compton spectra of atoms at high x-ray intensity 6
Consequently, Eq. (3) may be evaluated with time-averaged configurational
populations,
IC(ΩF , ωF ) = F
[∑
I
P¯I
d2σbound,I
dΩFdωF
+
∑
E
P¯E
d2σfree,E
dΩFdωF
]
, (7)
or approximated with time-averaged charge-state populations,
IC(ΩF , ωF ) ≈ F
[∑
q
P¯q
d2σbound,q
dΩFdωF
+
∑
E
P¯E
d2σfree,E
dΩFdωF
]
, (8)
where P¯X is a pulse-weighted time-averaged quantity given by P¯X =
∫∞
−∞ dt g(t)PX(t).
Note that the expression inside the brackets represents the effective Compton scattering
cross section including ionization dynamics. Equations (7) and (8) allow us to separate
out the dynamical property P¯X , which depends on all relevant x-ray beam parameters,
and the Compton scattering cross section σX , which depends on the atomic system and
incident photon energy only.
2.2. Doubly differential inelastic scattering cross section for bound electrons
We employ nonrelativistic quantum electrodynamics based on the minimal coupling
Hamiltonian and the Coulomb gauge [70] to describe the light–matter interactions. With
this theoretical framework, nonresonant x-ray scattering is calculated using the A2 term
in the interaction Hamiltonian, where A is the vector potential of the radiation field.
Let an incident x-ray photon be inelastically scattered by the bound electrons of
the atomic system. Let (ωin,kin) be the incident photon energy and momentum, and
(ωF ,kF ) be the scattered photon energy and momentum. Then, the inelastic part of the
doubly differential scattering cross section (DDSCS) is given by (see detailed derivations
in Ref. [33]),
d2σbound
dΩFdωF
=
(
dσ
dΩF
)
T
ωF
ωin
[
unocc.∑
f
occ.∑
i
δ(εf − εi + ωF − ωin)
∣∣∣∣∫ d3xϕ†f (x)ϕi(x)eiQ·x∣∣∣∣2
]
,
(9)
where the momentum transfer Q is defined by Q ≡ kin − kF . Here, ϕp(x) is a spin-
orbital, εp is the associated orbital energy; i runs over all orbitals occupied in the initial
state of the atomic system, and f runs over all unoccupied orbitals. The Thomson
scattering cross section, σT(ΩF ), for linearly polarized x-rays is given by
σT(ΩF ) =
(
dσ
dΩF
)
T
= α4(1− cos2 φF sin2 θF ), (10)
where θF is the polar angle and φF is the azimuthal angle of the scattered photon
momentum with respect to the incident photon momentum and polarization axis. Here
α is the fine-structure constant, and α4 corresponds to the square of the classical electron
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radius, r20 ≈ 0.080 barns. Note that the expression inside the brackets in Eq. (9)
does not depend on φF , assuming that the electronic density of the atomic system
is spherically symmetric. Dependence on the azimuthal angle comes solely from the
Thomson scattering cross section. Therefore, we plot Compton spectra as a function of
θF and ωF after dividing Eq. (9) by Eq. (10),
Sbound(θF , ωF ) =
(
d2σbound
dΩFdωF
)/(
dσ
dΩF
)
T
. (11)
Figure 1 shows Compton spectra for the ground-state configuration of neutral
carbon interacting with 10-keV x-rays. The main panel shows a color map of
σbound(θF , ωF ) as a function of angle (y-axis) and energy (x-axis). The three panels
below the main panel show the DDSCS for specific angles (θF=30
◦, 60◦, and 90◦).
One can see in Figure 1 the sum of the Compton profiles of individual spatial orbitals,
reflecting their electron momentum distribution [3]. In fact, the Compton profile [71]
is defined by the expression inside the brackets in Eq. (9). The more contracted the
spatial orbital, the more energetically extended is the Compton profile. The vertical line
around 9.7 keV and the two vertical lines near 10 keV correspond to 1s-edge (291 eV),
2s-edge (18 eV), and 2p-edge (9 eV), respectively. The edges are marked with blue
dashed lines in the lower panels. On the right panel, the angle- and energy-resolved
Compton spectrum is integrated over the scattered photon energy in order to examine
the angle-resolved Compton spectrum,
Sint(θF ) =
∫
dωF Sbound(θF , ωF ). (12)
Note that Eq. (12) provides the Compton scattering background without considering
the energy resolution [33].
2.3. Doubly differential inelastic scattering cross section for free electrons
Now let an incident x-ray photon be inelastically scattered by a free electron that has a
finite energy after ionization. Let pin be the initial momentum of the free electron and
pF be the final momentum. From momentum conservation, kin + pin = kF + pF . From
energy conservation, ωin + |pin|2 /2 = ωF + |pF |2 /2. Thus, the outgoing photon energy
is given by
ωF = ωin +
|pin|2
2
− |kin − kF + pin|
2
2
= ωin − Q
2
2
−Q · pin. (13)
We apply the Waller-Hartree approximation (ωF ≈ ωin on the right-hand side of
Eq. (13)) to obtain a simple expression. The deviation due to the Waller-Hartree
approximation will be discussed later. Thus, the Compton shift, Q2/2, is expressed
by
Q2
2
=
α2
2
(
ω2F + ω
2
in − 2ωinωF cos θF
) ≈ α2ω2in (1− cos θF ) , (14)
Compton spectra of atoms at high x-ray intensity 8
0
30
60
90
120
150
180
 9.2  9.4  9.6  9.8  10
Sc
at
te
rin
g 
an
gl
e 
θ F
 
( °)
Outgoing photon energy ωF (keV)
 0
 0.5
 1
 1.5
S b
ou
nd
( θ F
,
ω
F) 0
 0.5
 1
θF=30°
 0
 0.5
 1
S b
ou
nd
( θ F
,
ω
F)
θF=60°
 0
 0.5
 1
9.2 9.4 9.6 9.8 10 10.2
1s 2s 2p
Outgoing photon energy ωF (keV)
θF=90°
0
30
60
90
120
150
180
 0 1 2 3 4 5
Sint(θF)
Figure 1. Compton spectra for the ground-state configuration of neutral C interacting
with 10-keV x-rays.
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Figure 2. Compton spectra for two free electrons, one 2-keV electron and one 5-keV
electron, interacting with 10-keV x-rays.
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and the Doppler shift, Q · pin, is expressed by
Q · pin = Q |pin| cos θ′ ≈ 2αωin sin(θF/2)
√
2εpin cos θ
′, (15)
where εpin is the initial kinetic energy of the free electron (= |pin|2 /2) and θ′ is the angle
between pin and Q. Then the outgoing photon energy is simply given by
ωF = ωin − α2ω2in(1− cos θF )− 2αωin
√
2εpin sin(θF/2) cos θ
′. (16)
We assume that the free electron is described by a plane wave state. With this
assumption, the summation over f in Eq. (9) is converted into an integral over pF , and
the summation over i into an integral over pin [72]. The DDSCS then goes over into
d2σfree
dΩFdωF
=
(
dσ
dΩF
)
T
ωF
ωin
∫
d3pF
∫
d3pin f(pin)δ(εpF − εpin + ωF − ωin)δ(Q + pin − pF )
=
(
dσ
dΩF
)
T
ωF
ωin
∫
d3pin f(pin)δ(ωF − ω˜F (pin)), (17)
where ω˜F is given in Eq. (13) as a function of pin, and f(pin) is the initial momentum
distribution. Let us assume that the angular distribution of the ionized electron with a
given kinetic energy E is isotropic,
f(pin) =
1
8piE
δ
(
|pin| −
√
2E
)
, (18)
where the kinetic energy E is determined by the photoionization or Auger (Coster-
Kronig) decay process that has produced the free electron. With this isotropic f(pin),
the integral over pin in Eq. (17) is readily evaluated as
d2σfree,E
dΩFdωF
=
(
dσ
dΩF
)
T
ωF
ωin
· 1
4αωin sin(θF/2)
√
2E
, (19)
for a range of ωF that is given by Eq. (16) for 0 ≤ θ′ ≤ pi,∣∣ωF − {ωin − α2ω2in(1− cos θF )}∣∣ ≤ 2αωin√2E sin(θF/2) . (20)
After dividing by the Thomson scattering cross section, we obtain an angle-resolved and
energy-resolved Compton spectrum for a free electron with kinetic energy E,
Sfree,E(θF , ωF ) =
(
d2σfree,E
dΩFdωF
)/(
dσ
dΩF
)
T
. (21)
In Eq. (20), both the Compton shift, α2ω2in(1 − cos θF ), and the Doppler
shift, 2αωin
√
2E sin(θF/2), are obtained within the Waller-Hartree approximation [cf.
Eqs. (14) and (15)]. The Compton shift is proportional to ω2in and the Doppler shift is
proportional to ωin and
√
E. Also note that the Compton shift is always a redshift (a
down shift in energy), whereas the Doppler shift shows both blueshift and redshift (up
and down shifts in energy). Therefore, the Waller-Hartree approximation employed here
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has to be reconsidered when high-energy x-ray photons and high-energy free electrons
are involved. For example, x-rays with a photon energy of 10 keV could make a Compton
shift of ∼400 eV. If x-rays with the same incident photon energy are scattered by free
electrons with a kinetic energy of 5 keV, then they could make a Doppler shift of 2.8 keV.
To test the validity of the Waller-Hartree approximation, we numerically solve
ωF in Eq. (13) without the approximation as follows. Equation (13) represents a
nonlinear equation for ωF because Q on the right-hand side contains ωF via Eqs. (14)
and (15) without the approximation. Let us consider the following coupled equations
from Eqs. (13), (14), and (15) in an iterative way:
Q(k) = α
√
ω
(k−1)
F
2
+ ω2in − 2ωinω(k−1)F cos θF , (22)
ω
(k)
F = ωin −
Q(k)
2
2
−Q(k)
√
2E cos θ′. (23)
At the kth step, Q(k) is calculated using ω
(k−1)
F from the previous step, and then ω
(k)
F is
calculated using Q(k), and so on. This iterative procedure starts with Eq. (16) for ω
(0)
F ,
which is the solution employing the Waller-Hartree approximation, and repeats until ωF
is converged. For the above example (ωin=10 keV and E=5 keV), the converged results
in this case show deviations less than 8% from those obtained from the Waller-Hartree
approximation.
Figure 2 shows the Compton spectra for two free electrons with kinetic energies of
2 keV and 5 keV, respectively, interacting with 10-keV x-rays. All calculations are done
with the Waller-Hartree approximation. Due to the Doppler shift by free electrons with
arbitrary directions, the shift in ωF can be negative (redshift) for θ
′ < pi/2 or positive
(blueshift) for θ′ > pi/2. Because of the high electron kinetic energies assumed, the
shifts are quite large and the Compton spectra are spread out over a broad range. For
the 5-keV case, the shifts become
√
5/2 ∼ 1.6 times larger than for the 2-keV case, but
the height is reduced accordingly. Note that the energy-integrated Compton spectrum
on the right panel gives 2σT (ΩF ) from two free electrons, showing no dependence on
the scattering angle. It is also numerically confirmed that the energy-integrated cross
section for each free electron gives 1 in units of the Thomson scattering cross section,
σT (ΩF ).
2.4. Efficient evaluation of spherical Bessel functions
The overall runtime for the DDSCS calculations of a heavy atom like Xe is dominated
by evaluations of the Bessel functions. We implement an efficient scheme to evaluate
the spherical Bessel function of the j-type [73] in a Fortran-90 function. The code is
based on the mathematical work by Lentz [74]. In the following we just call it the Bessel
function. Since we need the evaluation of the Bessel function for different l from 0 to
lmax and x from 0 to xmax, where x = Qr on a radial grid, we code this functionality in
the so called Bessel range function. The Bessel range function calls the Bessel function
Compton spectra of atoms at high x-ray intensity 12
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Figure 5. Histogram of search steps used in the Bessel range function calculations.
for actual computations, but at the same time it avoids to do so if an interpolation
between two already computed Bessel values is possible.
Here we describe how our implementation works in detail by showing the following
three figures. These figures are based on a single DDSCS calculation of the neutral
ground-state Xe atom at an incoming photon energy of 10 keV, with 18 different
scattering angles, lmax = 35, outgoing photon energies from 7 to 10 keV, an energy
step of 10 eV, and 90,000 points on the uniform radial grid (0 ≤ r ≤ 450 a.u.) for
the electron continuum states. The same parameters are used in the Compton spectra
calculations of Ar and Xe in the Results (Sec. 3), except for 181 scattering angular
points to get better angular resolution.
In Figure 3 we plot the argument range at the N -th call to the Bessel range function.
For the first 18 calls the argument range ramps up, and it increases in a similar fashion
for the next calls. Such block with 18 calls corresponds to the 18 different scattering
angles at fixed outgoing photon energy. So it is possible to compute spherical Bessel
functions only up to a maximum argument, to store arguments and results in a table,
and then to search an argument in the table and perform a linear interpolation to obtain
a resulting Bessel value. That means that actual computing is necessary only for a very
small fraction of calls, which is illustrated in Figure 4. Figure 4 plots the number of
computed and searched values in a sequence of the Bessel range function calls. It shows
that only the first ramp in Figure 3 includes computation of spherical Bessel functions.
In the first ramp, we apply the optimization scheme as follows. At the first call to the
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Bessel range function, one computes every single function value. In all the following
calls, one looks up the argument and interpolates until it does not fall into the previous
range anymore, and then one has to actually compute a value.
As shown in Figure 4, most of the time may be used for searching, rather than actual
computation of the Bessel function. Thus, the searching algorithm is another key to
optimize this calculation procedure. A general purpose method such as the binary search
algorithm would give a computation complexity of O(log2 n), where n is the number of
data. In our case we have accumulated a table of 394,037 values, which would lead to
about 19 search steps on average by using the binary search algorithm. Figure 5 shows
a histogram of search steps in our simulation. Our searching algorithm exploits that the
Bessel function arguments to be searched are in ascending order. Therefore, it requires
very often only two search steps, and about 4 steps on average.
With this overall optimization scheme we can achieve about 8 times faster
calculations than those previously used in Compton scattering calculations [33]. The
runtime on a single CPU (Intel Xeon E5-2609) is reduced from 27h 6min to 3h 18min, for
a DDSCS calculation of the neutral ground-state Xe atom with 181 scattering angular
points. The results before and after optimization are identical to within 0.1% difference.
Also it is worthwhile to note that the new Bessel function routine can handle a very
high l (> 100), so it can accommodate a very high energy regime. The more extreme
the parameters get, the bigger are the advantages of our optimization.
3. Results
3.1. Compton spectra of atomic Ar at an incident photon energy of 10 keV
First, we compare the Compton scattering cross section from bound electrons, calculated
using the full expression based on configuration populations [Eq. (7)] and using the
approximation based on charge-state populations [Eq. (8)]. We plot the angle- and
energy-resolved Compton spectra after dividing Eq. (7) or Eq. (8) by the incident x-ray
fluence and the Thomson scattering cross section [Eq. (10)],
S(θF , ωF ) =
[
IC(ΩF , ωF )
F
]/
σT(ΩF ) . (24)
Figure 6 shows the Compton spectra of argon at different scattering angles shown with
different colors and several fluences shown in different panels: (a) 1012 ph/µm2, (b)
1013 ph/µm2, and (c) 1014 ph/µm2. The one-photon absorption saturation fluence of Ar
at 10 keV is 2.4×1012 ph/µm2. The temporal pulse shape is a Gaussian with a 30-fs full
width at half maximum (FWHM). The solid curves indicate the full expression, whereas
the dashed curves reflect the approximated expression. One can see no visible differences
between the solid and dashed curves at a fluence of 1012 ph/µm2, which is less than the
one-photon absorption saturation fluence, i.e., in the weak intensity regime. Also at
low angles (for example, θF=30
◦ and 60◦), there is almost no deviation between the two
approaches. The deviation increases when the fluence is increased and the scattering
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angle is higher. Since the two different approaches matter for bound electrons only, the
discrepancy between them will be somewhat reduced as the fluence is increased further,
where the contribution from ionized electrons becomes dominant.
In Figure 7, we plot the Compton spectra of argon in a color map as a function of
angle and energy. Panel (a) represents the neutral argon case (undamaged), assuming
that no ionization dynamics occur when interacting with an extremely weak x-ray pulse.
The other panels reflect ionization dynamics induced by intense x-ray pulses. The x-ray
fluence used is 1012 ph/µm2 in panel (b), 1013 ph/µm2 in panel (c), and 1014 ph/µm2 in
panel (d). The average charge state at the end of the ionization dynamics is (b) +1.5,
(c) +10, and (d) +17, respectively. Panel (b) shows the weak intensity case (less than
the one-photon absorption saturation fluence), and there are almost no differences from
the neutral argon case, except for faint blueshifted signals at low angles due to a few
contributions from ionized electrons. In panels (a) and (b), one can see characteristic
features of the momentum distribution of the bound electrons in Ar: the vertical lines
near 9.7 keV and 10 keV corresponding to L-shell andM -shell edges, respectively. Panels
(c) and (d) demonstrate the high intensity case. The bound-electron features diminish
and the free-electron contributions emerge. Different contributions from various electron
kinetic-energies stack up on top of the bound-electron contribution [for example, the
stair-like structure of the red curve in Figure 6(c)]. The Doppler shift from free electrons
is proportional to sin(θF/2). Therefore signals at high angles are spread out in a wide
energy range, while signals at low angles become concentrated on a blob. Both panels
(c) and (d) clearly demonstrate that Compton spectra are deformed in the high-intensity
regime, due to large contributions from free electrons.
3.2. Compton spectra of atomic Xe at an incident photon energy of 10 keV
Equation (8) enables us to calculate the Compton scattering differential cross section
for heavy atoms like Xe. Heavy atoms undergo more severe ionization than light atoms
by interacting with intense x-ray pulses, because photoionization cross sections are
higher and there are many electrons that may be ionized via deep inner-shell ionization
cascades [39, 40]. Figure 8 shows the Compton spectra of xenon in a color map as a
function of angle and energy. Panel (a) represents the neutral xenon case (undamaged)
and other panels show the high intensity cases with the same fluences used in Figure 7.
The pulse duration used is 30 fs FWHM. Note that the one-photon absorption saturation
fluence of Xe at 10 keV is 2.9 × 1011 ph/µm2. Therefore x-ray multiphoton dynamics
become dominant with all the fluences used in Figure 8. The average charge state at the
end of the ionization dynamics is (b) +15, (c) +49, and (d) +52, respectively. In the
last case, all electrons except 1s are fully ionized after the pulse. In panels (a) and (b),
one can see sharp vertical lines at M -, N -, and O-shell edges. The strong peak of the
redshifted signal (from 10 keV toward the left) indicates the momentum distribution of
the bound electrons. On the other hand, this peak is smeared out when the fluence is
increased, as shown in panels (c) and (d). In contrast to the Ar case in Figure 7, the
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Figure 6. Comparison of the Compton spectra of Ar calculated using configuration
populations [full expression of Eq. (7), plotted with solid curves] and using charge-
state populations [approximated expression of Eq. (8), plotted with dashed curves].
Note that in the weak-field regime, shown in panel (a), the full expression and the
approximated expression give virtually identical results. Different colors indicate
different scattering angles.
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Figure 7. Compton spectra of Ar at 10 keV for several fluences.
free-electron contributions are seemingly added up smoothly.
To observe features more clearly, we plot the Compton spectra for several scattering
angles and fluences in Figure 9. Different panels correspond to different scattering
angles: (a) 30◦, (b) 60◦, and (c) 90◦. Different colors indicate different fluences. The
red curve is the undamaged case, where one can see the characteristic structures from
the bound-electron contribution. The green and blue curves show that a very broad
peak emerges because of many ionized electrons. Even though the Compton spectra
shown were calculated with charge-state populations [Eq. (8)], all configurations were
taken into consideration in the ionization dynamics calculations. Consequently, there is
a large number of photoelectron and Auger-electron kinetic-energy spectral lines, giving
rise to very broad and smooth contributions to the Compton scattering signal as shown
in Figure 9.
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To further investigate the dependence of Compton spectra on the fluence, Figure 10
shows the total Compton scattering signal of Xe at 10 keV integrated over angles and
energies, as a function of fluence. The integrated signal is defined by
S˜ =
[∫
dΩF
∫
dωF
IC(ΩF , ωF )
F
]/
σ˜T , (25)
where the total Thomson scattering cross section is σ˜T =
∫
dΩF σT (ΩF ) = 8pir
2
0/3 ≈
0.67 barns. Note that IC/F represents the effective cross section. The purple line
indicates the bound-electron contribution, while the green line represents the free-
electron contribution. The former decreases and the latter increases nonlinearly as
the fluence increases, because of x-ray multiphoton ionization. A single free electron
contributes a cross section of the order of 1 in units of σ˜T , as discussed in Sec. 2.2.
However, each electron bound to an atom may contribute less than 1. For neutral Xe
atom at 10 keV, the integrated signal from 54 bound electrons is ∼ 18.4σ˜T as shown at
zero fluence in Figure 10. Therefore, the sum of bound- and free-electron contributions to
the Compton scattering signal (shown with the blue line) keeps nonlinearly increasing as
the fluence increases, even though the sum of bound- and free-electron numbers remains
the same.
4. Conclusion
In this paper, we have presented theoretical results for the Compton spectra of atoms at
high x-ray intensity. Interacting with intense x-ray pulses, an atomic system undergoes
massive ionization, described by sequential multiphoton ionization dynamics. Therefore
a single atom produces a large number of free electrons and becomes a highly charged
ion. In contrast to the low x-ray intensity regime, where Compton scattering from bound
electrons in neutral atoms is only considered, it is necessary in the high x-ray intensity
regime to include the Compton scattering contributions from bound electrons in ions and
from free electrons. We have demonstrated that Compton spectra at high x-ray intensity
are considerably deformed from those of neutral atoms, because of the contributions
from ions and free electrons. Due to individual ion contributions, characteristic peak
structures of the Compton spectra are smoothed out. As a consequence of large
contributions from free electrons, the scattering signals exhibit not only a redshift but
also a blueshift. The effect becomes drastic as the x-ray fluence increases beyond the
one-photon absorption saturation fluence, and it becomes more severe when a heavier
atom is considered. In order to make the Compton spectra calculations for heavy atoms
feasible, we have introduced a simplified expression for bound electrons and proposed
an efficient way to calculate spherical Bessel functions extensively used in the Compton
calculations. These present implementations have been incorporated into the extended
xatom toolkit. xatom augmented with Compton scattering enables us to investigate
elastic and inelastic scattering dynamics on the same footing, including severe radiation
damage when the sample is exposed to intense XFEL pulses. Our present results can
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Figure 8. Compton spectra of Xe at 10 keV for several fluences.
be utilized for interpreting single-particle molecular imaging experiment [75] and for
diagnosing warm dense matter generated by XFEL [76].
Acknowledgments
The authors thank Dietrich Krebs and Jan Malte Slowik for helpful discussions.
References
[1] Compton A H 1923 Phys. Rev. 21 483–502
[2] Compton A H 1961 Am. J. Phys. 29 817–820
[3] Cooper M J 1985 Rep. Prog. Phys. 48 415–481
[4] Sakurai H, Ota H, Tsuji N, Itou M and Sakurai Y 2011 J. Phys. B: At. Mol. Opt. Phys. 44 065001
Compton spectra of atoms at high x-ray intensity 20
 0
 1
 2
 3
 4
 5
 6
undamaged
1012 ph/µm2
1013 ph/µm2
1014 ph/µm2
(a) θF=30°
 0
 0.5
 1
 1.5
 2
 2.5
 3
 3.5
 4
S(
θ F
,
ω
F)
(b) θF=60°
 0
 0.2
 0.4
 0.6
 0.8
 1
 1.2
 1.4
 1.6
 1.8
7 8 9 10 11 12 13
Outgoing photon energy ωF (keV)
(c) θF=90°
Figure 9. Compton spectra of Xe at 10 keV for several fluences and scattering angles.
[5] Kobayashi K, Itou M, Hosoya T, Tsuji N, Sakurai Y and Sakurai H 2011 J. Phys. B: At. Mol.
Opt. Phys. 44 115102
[6] Zhao X L, Yang K, Xu L Q, Kang X, Liu Y W, Ma Y P, Yan S, Ni D D and Zhu L F 2015 J.
Chem. Phys. 142 084301
[7] Okada J T, Sit P H L, Watanabe Y, Barbiellini B, Ishikawa T, Wang Y J, Itou M, Sakurai Y,
Bansil A, Ishikawa R, Hamaishi M, Paradis P F, Kimura K, Ishikawa T and Nanao S 2015 Phys.
Rev. Lett. 114 177401
[8] Sakurai Y, Itou M, Barbiellini B, Mijnarends P E, Markiewicz R S, Kaprzyk S, Gillet J M,
Wakimoto S, Fujita M, Basak S, Wang Y J, Al-Sawai W, Lin H, Bansil A and Yamada K 2011
Compton spectra of atoms at high x-ray intensity 21
 0
 5
 10
 15
 20
 25
 30
 35
 40
 0  2  4  6  8  10
In
te
gr
at
ed
 s
ig
na
l
Fluence (1012 ph/µm2)
bound electrons
free electrons
sum
Figure 10. Integrated Compton scattering signal of Xe at 10 keV as a function of
fluence.
Science 332 698–702
[9] McNeil B W J and Thompson N R 2010 Nature Photon. 4 814–821
[10] Pellegrini C 2012 Eur. Phys. J. H 37 659–708
[11] Ribic P R and Margaritondo G 2012 J. Phys. D: Appl. Phys. 45 213001
[12] Schneider J R 2010 Rev. Accl. Sci. Tech. 3 13–37
[13] Young L, Kanter E P, Kra¨ssig B, Li Y, March A M, Pratt S T, Santra R, Southworth S H,
Rohringer N, DiMauro L F, Doumy G, Roedig C A, Berrah N, Fang L, Hoener M, Bucksbaum
P H, Cryan J P, Ghimire S, Glownia J M, Reis D A, Bozek J D, Bostedt C and Messerschmidt
M 2010 Nature 466 56–61
[14] Doumy G, Roedig C, Son S-K, Blaga C I, DiChiara A D, Santra R, Berrah N, Bostedt C, Bozek
J D, Bucksbaum P H, Cryan J P, Fang L, Ghimire S, Glownia J M, Hoener M, Kanter E P,
Kra¨ssig B, Kuebel M, Messerschmidt M, Paulus G G, Reis D A, Rohringer N, Young L, Agostini
P and DiMauro L F 2011 Phys. Rev. Lett. 106 083002
[15] Glover T E, Fritz D M, Cammarata M, Allison T K, Coh S, Feldkamp J M, Lemke H, Zhu D, Feng
Y, Coffee R N, Fuchs M, Ghimire S, Chen J, Shwartz S, Reis D A, Harris S E and Hastings J B
2012 Nature 488 603–608
[16] Tamasaku K, Shigemasa E, Inubushi Y, Katayama T, Sawada K, Yumoto H, Ohashi H, Mimura
H, Yabashi M, Yamauchi K and Ishikawa T 2014 Nature Photon. 8 313–316
[17] Fuchs M, Trigo M, Chen J, Ghimire S, Shwartz S, Kozina M, Jiang M, Henighan T, Bray C,
Ndabashimiye G, Bucksbaum P H, Feng Y, Herrmann S, Carini G A, Pines J, Hart P, Kenney
C, Guillet S, Boutet S, Williams G J, Messerschmidt M, Seibert M M, Moeller S, Hastings J B
and Reis D A 2015 Nature Phys. 11 964–970
[18] Hopersky A N, Nadolinsky A M and Novikov S A 2015 Phys. Rev. A 92 052709
[19] Vinko S M, Ciricosta O, Cho B I, Engelhorn K, Chung H K, Brown C R D, Burian T, Chalupsky´
Compton spectra of atoms at high x-ray intensity 22
J, Falcone R W, Graves C, Ha´jkova´ V, Higginbotham A, Juha L, Krzywinski J, Lee H J,
Messerschmidt M, Murphy C D, Ping Y, Scherz A, Schlotter W, Toleikis S, Turner J J, Vysin
L, Wang T, Wu B, Zastrau U, Zhu D, Lee R W, Heimann P A, Nagler B and Wark J S 2012
Nature 482 59–62
[20] Glenzer S H, Gregori G, Lee R W, Rogers F J, Pollaine S W and Landen O L 2003 Phys. Rev.
Lett. 90 175002
[21] Gregori G, Glenzer S H, Rozmus W, Lee R W and Landen O L 2003 Phys. Rev. E 67 026412
[22] Sahoo S, Gribakin G F, Shabbir Naz G, Kohanoff J and Riley D 2008 Phys. Rev. E 77 046402
[23] Glenzer S H and Redmer R 2009 Rev. Mod. Phys. 81 1625–1663
[24] Gaffney K J and Chapman H N 2007 Science 316 1444–1448
[25] Patterson B D 2014 Crystallography Reviews 20 242–294
[26] Schlichting I 2015 IUCrJ 2 246–255
[27] Neutze R, Wouts R, van der Spoel D, Weckert E and Hajdu J 2000 Nature 406 752–757
[28] Chapman H N, Barty A, Bogan M J, Boutet S, Frank M, Hau-Riege S P, Marchesini S, Woods B W,
Bajt S, Benner W H, London R A, Plo¨njes E, Kuhlmann M, Treusch R, Du¨sterer S, Tschentscher
T, Schneider J R, Spiller E, Mo¨ller T, Bostedt C, Hoener M, Shapiro D A, Hodgson K O, Van der
Spoel D, Burmeister F, Bergh M, Caleman C, Huldt G, Seibert M M, Maia F R N C, Lee R W,
Szo¨ke A, Timneanu N and Hajdu J 2006 Nature Phys. 2 839–843
[29] Chapman H N, Fromme P, Barty A, White T A, Kirian R A, Aquila A, Hunter M S, Schulz J,
DePonte D P, Weierstall U, Doak R B, Maia F R N C, Martin A V, Schlichting I, Lomb L,
Coppola N, Shoeman R L, Epp S W, Hartmann R, Rolles D, Rudenko A, Foucar L, Kimmel
N, Weidenspointner G, Holl P, Liang M, Barthelmess M, Caleman C, Boutet S, Bogan M J,
Krzywinski J, Bostedt C, Bajt S, Gumprecht L, Rudek B, Erk B, Schmidt C, Ho¨mke A, Reich
C, Pietschner D, Stru¨der L, Hauser G, Gorke H, Ullrich J, Herrmann S, Schaller G, Schopper
F, Soltau H, Ku¨hnel K U, Messerschmidt M, Bozek J D, Hau-Riege S P, Frank M, Hampton
C Y, Sierra R G, Starodub D, Williams G J, Hajdu J, Timneanu N, Seibert M M, Andreasson
J, Rocker A, Jo¨nsson O, Svenda M, Stern S, Nass K, Andritschke R, Schro¨ter C D, Krasniqi
F, Bott M, Schmidt K E, Wang X, Grotjohann I, Holton J M, Barends T R M, Neutze R,
Marchesini S, Fromme R, Schorb S, Rupp D, Adolph M, Gorkhover T, Andersson I, Hirsemann
H, Potdevin G, Graafsma H, Nilsson B and Spence J C H 2011 Nature 470 73–77
[30] Seibert M M, Ekeberg T, Maia F R N C, Svenda M, Andreasson J, Jo¨nsson O, Odic´ D, Iwan B,
Rocker A, Westphal D, Hantke M, DePonte D P, Barty A, Schulz J, Gumprecht L, Coppola
N, Aquila A, Liang M, White T A, Martin A, Caleman C, Stern S, Abergel C, Seltzer V,
Claverie J M, Bostedt C, Bozek J D, Boutet S, Miahnahri A A, Messerschmidt M, Krzywinski
J, Williams G, Hodgson K O, Bogan M J, Hampton C Y, Sierra R G, Starodub D, Andersson
I, Bajt S, Barthelmess M, Spence J C H, Fromme P, Weierstall U, Kirian R, Hunter M, Doak
R B, Marchesini S, Hau-Riege S P, Frank M, Shoeman R L, Lomb L, Epp S W, Hartmann R,
Rolles D, Rudenko A, Schmidt C, Foucar L, Kimmel N, Holl P, Rudek B, Erk B, Ho¨mke A,
Reich C, Pietschner D, Weidenspointner G, Stru¨der L, Hauser G, Gorke H, Ullrich J, Schlichting
I, Herrmann S, Schaller G, Schopper F, Soltau H, Ku¨hnel K U, Andritschke R, Schro¨ter C D,
Krasniqi F, Bott M, Schorb S, Rupp D, Adolph M, Gorkhover T, Hirsemann H, Potdevin G,
Graafsma H, Nilsson B, Chapman H N and Hajdu J 2011 Nature 470 78–81
[31] Jurek Z, Thiele R, Ziaja B and Santra R 2012 Phys. Rev. E 86 036411
[32] Ziaja B, Chapman H N, Fa¨ustlin R, Hau-Riege S, Jurek Z, Martin A V, Toleikis S, Wang F,
Weckert E and Santra R 2012 New J. Phys. 14 115015
[33] Slowik J M, Son S-K, Dixit G, Jurek Z and Santra R 2014 New J. Phys. 16 073042
[34] Gorobtsov O Y, Lorenz U, Kabachnik N M and Vartanyants I A 2015 Phys. Rev. E 91 062712
[35] Ziaja B, Jurek Z, Medvedev N, Saxena V, Son S-K and Santra R 2015 Photonics 2 256–269
[36] Santra R and Young L 2014 Interaction of intense x-ray beams with atoms Synchrotron Light
Sources and Free-Electron Lasers ed Jaeschke E, Khan S, Schneider J R and Hastings J B
(Switzerland: Springer)
Compton spectra of atoms at high x-ray intensity 23
[37] Son S-K and Santra R 2011 xatom — an integrated toolkit for x-ray and atomic physics (Hamburg:
CFEL, DESY)
[38] Son S-K and Santra R 2012 Phys. Rev. A 85 063415
[39] Rudek B, Son S-K, Foucar L, Epp S W, Erk B, Hartmann R, Adolph M, Andritschke R, Aquila
A, Berrah N, Bostedt C, Bozek J, Coppola N, Filsinger F, Gorke H, Gorkhover T, Graafsma H,
Gumprecht L, Hartmann A, Hauser G, Herrmann S, Hirsemann H, Holl P, Ho¨mke A, Journel
L, Kaiser C, Kimmel N, Krasniqi F, Ku¨hnel K U, Matysek M, Messerschmidt M, Miesner D,
Mo¨ller T, Moshammer R, Nagaya K, Nilsson B, Potdevin G, Pietschner D, Reich C, Rupp D,
Schaller G, Schlichting I, Schmidt C, Schopper F, Schorb S, Schro¨ter C D, Schulz J, Simon M,
Soltau H, Stru¨der L, Ueda K, Weidenspointner G, Santra R, Ullrich J, Rudenko A and Rolles
D 2012 Nature Photon. 6 858–865
[40] Fukuzawa H, Son S-K, Motomura K, Mondal S, Nagaya K, Wada S, Liu X J, Feifel R, Tachibana
T, Ito Y, Kimura M, Sakai T, Matsunami K, Hayashita H, Kajikawa J, Johnsson P, Siano M,
Kukk E, Rudek B, Erk B, Foucar L, Robert E, Miron C, Tono K, Inubushi Y, Hatsui T, Yabashi
M, Yao M, Santra R and Ueda K 2013 Phys. Rev. Lett. 110 173005
[41] Rudek B, Rolles D, Son S-K, Foucar L, Erk B, Epp S, Boll R, Anielski D, Bostedt C, Schorb S,
Coffee R, Bozek J, Trippel S, Marchenko T, Simon M, Christensen L, De S, ichi Wada S, Ueda
K, Schlichting I, Santra R, Ullrich J and Rudenko A 2013 Phys. Rev. A 87 023413
[42] Motomura K, Fukuzawa H, Son S-K, Mondal S, Tachibana T, Ito Y, Kimura M, Nagaya K, Sakai
T, Matsunami K, Wada S, Hayashita H, Kajikawa J, Liu X J, Feifel R, Johnsson P, Siano M,
Kukk E, Rudek B, Erk B, Foucar L, Robert E, Miron C, Tono K, Inubushi Y, Hatsui T, Yabashi
M, Yao M, Santra R and Ueda K 2013 J. Phys. B: At. Mol. Opt. Phys. 46 164024
[43] Emma P, Akre R, Arthur J, Bionta R, Bostedt C, Bozek J, Brachmann A, Bucksbaum P, Coffee
R, Decker F J, Ding Y, Dowell D, Edstrom S, Fisher A, Frisch J, Gilevich S, Hastings J, Hays
G, Hering P, Huang Z, Iverson R, Loos H, Messerschmidt M, Miahnahri A, Moeller S, Nuhn
H D, Pile G, Ratner D, Rzepiela J, Schultz D, Smith T, Stefan P, Tompkins H, Turner J, Welch
J, White W, Wu J, Yocky G and Galayda J 2010 Nature Photon. 4 641–647
[44] Ishikawa T, Aoyagi H, Asaka T, Asano Y, Azumi N, Bizen T, Ego H, Fukami K, Fukui T, Furukawa
Y, Goto S, Hanaki H, Hara T, Hasegawa T, Hatsui T, Higashiya A, Hirono T, Hosoda N, Ishii
M, Inagaki T, Inubushi Y, Itoga T, Joti Y, Kago M, Kameshima T, Kimura H, Kirihara Y,
Kiyomichi A, Kobayashi T, Kondo C, Kudo T, Maesaka H, Mare´chal X M, Masuda T, Matsubara
S, Matsumoto T, Matsushita T, Matsui S, Nagasono M, Nariyama N, Ohashi H, Ohata T,
Ohshima T, Ono S, Otake Y, Saji C, Sakurai T, Sato T, Sawada K, Seike T, Shirasawa K,
Sugimoto T, Suzuki S, Takahashi S, Takebe H, Takeshita K, Tamasaku K, Tanaka H, Tanaka R,
Tanaka T, Togashi T, Togawa K, Tokuhisa A, Tomizawa H, Tono K, Wu S, Yabashi M, Yamaga
M, Yamashita A, Yanagida K, Zhang C, Shintake T, Kitamura H and Kumagai N 2012 Nature
Photon. 6 540–544
[45] Sytcheva A, Pabst S, Son S-K and Santra R 2012 Phys. Rev. A 85 023414
[46] Murphy B, Osipov T, Jurek Z, Fang L, Son S-K, Mucke M, Eland J H D, Zhaunerchyk V, Feifel
R, Avaldi L, Bolognesi P, Bostedt C, Bozek J D, Grilj J, Guehr M, Frasinski L J, Glownia J, Ha
D T, Hoffmann K, Kukk E, McFarland B K, Miron C, Sistrunk E, Squibb R J, Ueda K, Santra
R and Berrah N 2014 Nat. Commun. 5 4281
[47] Tachibana T, Jurek Z, Fukuzawa H, Motomura K, Nagaya K, ichi Wada S, Johnsson P, Siano M,
Mondal S, Ito Y, Kimura M, Sakai T, Matsunami K, Hayashita H, Kajikawa J, Liu X J, Robert
E, Miron C, Feifel R, Marangos J P, Tono K, Inubushi Y, Yabashi M, Son S-K, Ziaja B, Yao
M, Santra R and Ueda K 2015 Sci. Rep. 5 10977
[48] Son S-K, Young L and Santra R 2011 Phys. Rev. A 83 033402
[49] Dunford R W, Southworth S H, Ray D, Kanter E P, Kra¨ssig B, Young L, Arms D A, Dufresne
E M, Walko D A, Vendrell O, Son S-K and Santra R 2012 Phys. Rev. A 86 033401
[50] Abdullah M M, Jurek Z, Son S-K and Santra R 2016 Struct. Dyn. 3 054101
[51] Son S-K, Chapman H N and Santra R 2011 Phys. Rev. Lett. 107 218102
Compton spectra of atoms at high x-ray intensity 24
[52] Son S-K, Chapman H N and Santra R 2013 J. Phys. B: At. Mol. Opt. Phys. 46 164015
[53] Galli L, Son S-K, White T A, Santra R, Chapman H and Nanao M H 2015 J. Synchrotron Radiat.
22 249–255
[54] Galli L, Son S-K, Klinge M, Bajt S, Barty A, Bean R, Betzel C, Beyerlein K R, Caleman C, Doak
R B, Duszenko M, Fleckenstein H, Gati C, Hunt B, Kirian R A, Liang M, Nanao M H, Nass K,
Oberthu¨r D, Redecke L, Shoeman R, Stellato F, Yoon C H, White T A, Yefanov O, Spence J
and Chapman H N 2015 Struct. Dyn. 2 041703
[55] Galli L, Son S-K, Barends T R M, White T A, Barty A, Botha S, Boutet S, Caleman C, Doak
R B, Nanao M H, Nass K, Schoeman R L, Timneanu N, Santra R, Schlichting I and Chapman
H N 2015 IUCrJ 2 627–634
[56] Son S-K, Hao Y, Inhester L, Hanasaki K and Santra R 2015 xmolecule — an integrated toolkit
for x-ray and molecular physics (Hamburg: CFEL, DESY)
[57] Jurek Z, Ziaja B and Santra R 2013 xmdyn — a versatile tool for modeling x-ray induced dynamics
of matter (Hamburg: CFEL, DESY)
[58] Jurek Z, Son S-K, Ziaja B and Santra R 2016 J. Appl. Cryst. 49 1048–1056
[59] Hao Y, Inhester L, Hanasaki K, Son S-K and Santra R 2015 Struct. Dyn. 2 041707
[60] Inhester L, Hanasaki K, Hao Y, Son S-K and Santra R 2016 Phys. Rev. A 94 023422
[61] Rudenko A, Inhester L, Hanasaki K, Li X, Robatjazi S, Erk B, Boll R, Toyota K, Hao Y, Vendrell O,
Bomme C, Savelyev E, Rudek B, Foucar L, Southworth S, Lehmann C S, Kraessig B, Marchenko
T, Simon M, Ueda K, Ferguson K R, Bucher M, Gorkhover T, Carron S, Alonso-Mori R, Koglin
J E, Williams G J, Boutet S, Young L, Bostedt C, Son S-K, Santra R and Rolles D 2016
unpublished
[62] Thiele R, Son S-K, Ziaja B and Santra R 2012 Phys. Rev. A 86 033411
[63] Son S-K, Thiele R, Jurek Z, Ziaja B and Santra R 2014 Phys. Rev. X 4 031004
[64] Mu¨ller L, Gutt C, Pfau B, Schaffert S, Geilhufe J, Bu¨ttner F, Mohanty J, Flewett S, Treusch
R, Du¨sterer S, Redlin H, Al-Shemmary A, Hille M, Kobs A, Fro¨mter R, Oepen H P, Ziaja B,
Medvedev N, Son S-K, Thiele R, Santra R, Schlotter W, Vodungbo B, Lu¨ning J, Eisebitt S and
Gru¨bel G 2013 Phys. Rev. Lett. 110 234801
[65] Bhardwaj S, Son S-K, Hong K H, Lai C J, Ka¨rtner F X and Santra R 2013 Phys. Rev. A 88
053405
[66] Toyota K, Son S-K and Santra R 2016 unpublished
[67] Rohringer N and Santra R 2007 Phys. Rev. A 76 033416
[68] Makris M G, Lambropoulos P and Mihelicˇ A 2009 Phys. Rev. Lett. 102 033002
[69] Thompson A C and Vaughan D 2001 X-ray data booklet Center for X-ray Optics and Advanced
Light Source, Lawrence Berkeley National Laboratory, Berkeley, CA URL http://xdb.lbl.
gov/
[70] Santra R 2009 J. Phys. B: At. Mol. Opt. Phys. 42 023001
[71] Eisenberger P and Platzman P M 1970 Phys. Rev. A 2 415–423
[72] Slowik J M 2015 Quantum Effects in Nonresonant X-ray Scattering Ph.D. thesis (Hamburg:
Universita¨t Hamburg)
[73] Olver F W J, Lozier D W, Boisvert R F, Clark C W 2010 NIST Handbook of Mathematical
Functions (Cambridge: Cambridge University Press) 262
[74] Lentz W J 1990 Computers in Physics 4 403–407
[75] Schlichting I and Miao J 2012 Curr. Opin. Struct. Biol. 22 613–626
[76] Glenzer S H, Fletcher L B, Galtier E, Nagler B, Alonso-Mori R, Barbrel B, Brown S B, Chapman
D A, Chen Z, Curry C B, Fiuza F, Gamboa E, Gauthier M, Gericke D O, Gleason A, Goede S,
Granados E, Heimann P, Kim J, Kraus D, MacDonald M J, Mackinnon A J, Mishra R, Ravasio
A, Roedel C, Sperling P, Schumaker W, Tsui Y Y, Vorberger J, Zastrau U, Fry A, White W E,
Hasting J B and Lee H J 2016 J. Phys. B: At. Mol. Opt. Phys. 49 092001
